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Abstract

Purpose: To propose a new method for the recovery of combined in-plane- and multi-band (MB)-accelerated

diffusion MRI data.

Methods: Combining MB-acceleration with in-plane acceleration is crucial to improve the time-efficiency

of high (angular and spatial) resolution diffusion scans. However, as the MB-factor and in-plane acceler-

ation increase, the reconstruction becomes challenging due to the heavy aliasing. The new reconstruction

utilizes an additional q-space prior to constrain the recovery, which is derived from the previously proposed

qModeL framework. Specifically, the qModeL prior provides a pre-learned representation of the diffusion

signal space to which the measured data belongs. We show that the pre-learned q-space prior along with

a model-based iterative reconstruction that accommodate multi-band unaliasing, can efficiently reconstruct

the in-plane and MB-accelerated data. The power of joint reconstruction is maximally utilized by using an

incoherent under-sampling pattern in the k-q domain. We tested the proposed method on single and multi-

shell data, with high/low angular resolution, high/low spatial resolution, healthy/abnormal tissues and 3T/7T

field strengths. Further, the learning is extended to the spherical harmonic basis, to provide a rotational in-

variant learning framework.

Results:

The qModeL joint reconstruction is shown to simultaneously unalias and jointly recover DWIs with reason-

able accuracy in all the cases studied. The reconstruction error from 18-fold accelerated multi-shell datasets

was < 3%. The micro-structural maps derived from the accelerated acquisitions also exhibit reasonable

accuracy for both healthy and abnormal tissues. The deep learning (DL) enabled reconstructions are com-

parable to those derived using traditional methods.

Conclusion: qModeL enables the joint recovery of combined in-plane- and MB- accelerated dMRI utiliz-

ing deep learning.

Keywords: q-space Deep Learning, autoencoder q-space, machine learning diffusion MRI, NODDI deep

learning, k-q acceleration, joint reconstruction, multi-band joint reconstruction, CAIPI sampling q-space,

spherical harmonics, rotational invariant q-space learning
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Introduction

The sensitivity of MRI to the microscopic diffusing motion of water molecules is exploited in diffusion

weighted magnetic resonance imaging (dMRI) to study the tissue microstructure non-invasively. Classical

tissue microstructure analysis methods have relied on simple models, such as the single tensor model that is

widely employed in diffusion tensor imaging (DTI) (1). DTI-derived indices such as fractional anisotropy

(FA) have been shown to be highly sensitive to tissue micro-structural changes arising from a number of

factors such as neurodegeneration, demyelination, neurodevelopment and aging (2, 3).

Recently, advanced microstructure analysis using biophysically inspired multi-compartment models are

gaining popularity because they possess greater specificity than DTI in relating the dMRI signal to the

underlying cellular microstructure (4–8). However, advanced biophysical models are associated with a high

acquisition burden compared to DTI. A greater number of diffusion encoded acquisitions, often spanning

over multiple b-shells, are required for model fitting in these complex models. The increased number of

acquisition lead to long scan time. Moreover, the longer TE associated with the diffusion preparations not

only are detrimental in worsening the EPI artifacts, but also compromise the spatial resolution.

Simultaneous multi-slice imaging (SMS) (9) employing multi-band excitation pulses has been proposed as a

viable solution to reduce the scan time (10) and is being widely employed in multi-shell dMRI studies (11).

Reduction in TE can be achieved using partial Fourier methods or multi-shot methods, and can be combined

with SMS imaging such that both TR and TE are reduced. A more desirable combination, however, is

SMS imaging combined with in-plane acceleration methods that skip phase encoding (PE) lines, which can

maximally accelerate the acquisition while minimizing the TE. However, this combination is challenging in

practice (12). Both SMS and in-plane acceleration rely on the same coil hardware (and the coil sensitivity

maps) to remove the aliasing artifacts arising from the respective accelerations. As the acceleration factor

from both components increase, the reconstruction becomes ill-conditioned. Constrained reconstruction

methods are required to overcome the ill-conditioning of the such reconstructions.

Previously, DAGER, a joint reconstruction method, was proposed for the reconstruction of dMRI data ac-

quired with both SMS and in-plane acceleration (13). DAGER uses the similarity of information from

closely sampled q-space data as an additional reconstruction prior. The similarity information is enforced

using a spherical covariance function based on Gaussian process model (14). Further improvement in per-

formance was obtained by utilizing a variable k-space sampling pattern among neighboring q-space points.

Together with the variable k-q sampling pattern and joint reconstruction, very high acceleration factors close

to 12-fold was achieved, by combining SMS acceleration of 4-fold and in-plane acceleration of 3-fold. A

disadvantage of DAGER is that large number of q-space points (> 60) are needed to effectively impose
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the similarity prior. NEATR is another DL-based method that was proposed for reconstructing dMRI data

acquired with both MB and in-plane acceleration (15). NEATR relies on a pre-trained U-NET to provide the

phase for solving the complex reconstruction and was only demonstrated in a limited experimental set-up,

due to the highly demanding training process. Moreover, because of the limitations of the training process,

there was no flexibility to modify the under-sampling pattern.

In this work, we demonstrate the utility of the previously proposed qModeL framework (16, 17) for the

recovery of dMRI data acquired with both MB and in-plane acceleration. The qModeL framework syn-

ergistically combines the power of joint reconstruction and DL in the setting of an iterative model-based

reconstruction. Unlike NEATR, qModeL training do not rely on in-vivo data for the learning of phase es-

timates. Instead, phase training is performed using experiments with simulated phase. Hence, the phase

compensation embedded in qModeL is not tied to the specific acquisition settings of the training data and is

generalizable to a broad range of acquisition parameters. Importantly, this relaxes the training data demands

(more details in the next section). Additionally, because data-consistency to the measured k-space data is

explicitly imposed during reconstruction, the qModeL framework can exploit random k-q sampling patterns,

similar to DAGER. We achieve in-plane acceleration using under-sampled multi-shot technique, similar to

DAGER and NEATR. However, unlike NEATR, we use randomized multi-shot technique so that we dis-

tribute the under-sampling artifacts incoherently. In contrast to DAGER, the incoherent under-sampling is

not restricted to a neighborhood around a given q-space point. Instead, the k-q under-sampling is fully

randomized for all the sampled points. The free design of the k-q under-sampling pattern and the ease of

phase training provides greater flexibility for qModeL to be accommodated to a broad range of acquisition

settings.

The contribution of this paper includes the following. (i) we demonstrate the efficacy of the qModeL frame-

work to solve the problem of reconstructing MB-accelerated DWIs that are also under-sampled both in k-

space and in q-space. We show very high accelerations achieved from the joint multi-shell reconstructions.

Further, joint reconstruction from fewer q-space points (< 60) are shown, in conjunction with higher in-

plane acceleration. (ii) We demonstrate the flexibility of the model-based DL formulation to accommodate

a variety of acquisition settings, including different field strengths (including differing gradient hardware),

and different multi-band and in-plane accelerated protocols (randomized k-q sampling patterns, various

resolutions, single shell, multi-shell). Importantly, once the q-space has been pre-learned, the reconstruc-

tions from all these scenarios can be performed without having to re-train the neural network for each test

case. (iii) We also show the translation of the qModeL DL framework to reconstruct healthy and abnormal

data, without involving any additional training on abnormal data. (iv) Furthermore, we expand the scope
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of qModeL learning beyond the domain of raw diffusion signal, to also train the DAEs on the spherical

harmonic coefficients. The new formulation termed qModeL-SH enables the use of DAEs trained over a

specific set of q-space samples to be re-used for another sampling pattern.

Theory

Brief Review of qModeL

qModeL is a joint reconstruction method built on a learning-based framework (17). It is designed to learn a

latent representation of the q-space signals to be reconstructed, from appropriate training data. To learn the

the latent representation or the low-dimensional manifold to which the q-space signal belongs, we employ

a denoising autoencoder neural network (DAE). Q-space signals derived from a variety of tissue micro-

structural composition, are provided as training data to the DAE. The learned q-space manifold prior is then

embedded in an iterative model-based reconstruction, where the prior information about the q-space is used

to constrain the recovery.

Of note, the training data for learning the q-space signal manifold can be extracted either from the q-

dimension of in-vivo dMRI acquisitions (with matched q-space) from the different voxels, or can be gen-

erated numerically based on biophysical models (8, 18–24) as described in (17). While in-vivo data-driven

training can have benefits of being model-free, biophysical models provide a convenient method to learn the

q-space manifold at high SNR. This is especially useful when the acquisition setting becomes challenging

to perform the experiments in-vivo. For example, high b-value acquisitions on MRI scanners with lower

performance gradient systems require very long TEs thus requiring multiple averages to obtain the desired

SNR for training purposes. This leads to long scan times or limited brain coverage. By simply matching

the q-space sampling parameters in the biophysical models to the desired q-space, such training data can be

easily generated. Moreover, biophysical models provide a convenient method to generate training data that

span a wide range of parameters such as diffusivities and volume fractions and fiber orientations, whereas,

the parameter span of data-driven training may be clustered around certain ranges (25). This convenient

framework also allows for re-training the neural network to learn a new q-space manifold by simply modi-

fying the q-space sampling parameters in the biophysical models. One disadvantage of previous data-driven

DL methods is the generalizability of the learned information. In qModeL, instead of learning the image

content, the goal is to learn the latent q-space representation. Hence, the specific imaging parameters of the

acquisition used for the training data is not a concern for qModeL training as long as the q-space parameters

are matched. Figure 1 shows an example of a case where the qModeL joint reconstruction is performed

using data-driven and physics-driven training. Notably, the phase training can be performed on the in-vivo
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(A) Test DWI (SMS MUSE) (B) joint recovery using DAE1 (C) joint recovery using DAE2 (D) mean difference (E) signal plot from marked region

Figure 1: qModeL joint recovery utilizing DAEs that were trained using: (i) biophysical modeling (DAE1),
and (ii) in vivo training data (DAE2). (A) shows a DWI that belongs to a test data acquired with 60 q-space
samples at b-value of 1000 s/mm2. (B) - (C) show the same DWI from the qModeL joint recovery based
on DAE1 and DAE2 respectively. For the training of DAE2 in (C), training data was derived from a random
set of two subjects from a pre-existing database with DWIs collected at b=1000 s/mm2 and 60-directions,
from which only magnitude data was available. The specific imaging parameters of the test data and the
training database are very different. For example, the test data is acquired with a 4-shot acquisition, at
1.7mm resolution with a TE of 58.3ms, whereas the images from the pre-existing database was acquired
with single-shot EPI at 2mm resolution, with a TE of 88ms. (D) shows the mean difference between the
reconstruction from the two DAEs (magnified by 10 times). (E) shows the q-space signal plots from a
region with relatively higher difference (marked in (D)) predicted by DAE1 and DAE2. The plot from both
DAEs are noted to closely follow the q-space signal plot of the test data. This demonstrates that the learning
involved in qModeL is pertinent only to the q-space information and not tied to the specific acquisition
parameters of the training data.

magnitude training data as well as the numerically generated training samples.

Joint Reconstruction of Combined MB- and in-slice Accelerated data

In this work, we propose the utilization of the qModeL framework for the reconstruction of combined MB-

and in-plane accelerated data. To efficiently combine in-plane acceleration (by skipping PE lines) with MB-

acceleration, we make use of the incoherent k-q under-sampling method (13, 26, 27). Figure 2 illustrates

the proposed sampling in the k-q domain. Specifically, for every TR, we randomize the PE lines that are

used to sample the k-space of every q-space point. We achieve this by employing a modified blipped CAIPI

technique with multi-shot readouts (28, 29) that use Ns shots in the non-accelerated case (figure 2(A)),

and skipping random shots during each q-space point for the accelerated case (figure 2(B)). This result in

incoherent under-sampling patterns along the q dimension, which can be exploited by joint reconstruction

methods to afford very high acceleration factors.

Because the aliasing artifacts from the in-plane under-sampling is incoherent along the q-dimension, an

additional reconstruction prior along the q-dimension is expected to significantly aid the unaliased recovery

of the DWIs. We expect the pre-learned q-space signal prior to provide this additional constraint. Assuming

MB bands to be simultaneously excited by the multi-band RF excitation, the qModeL joint reconstruction
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Figure 2: (A) shows the case with no acceleration involving the acquisition of two slices and (B) shows the
case with combined MB- and in-plane acceleration. For the illustrated case in (B) with MB=2 and in-plane
acceleration of 4-fold, a combined acceleration of R=8 is achieved ( MB×Rkq = 2× 4 ). To randomize the
4-fold in-plane under-sampling pattern for every q-space point in (B), we make use of multi-shot trajectories.
A (Ns =) 4-shot EPI trajectory is designed to sample the k-space in the non-accelerated case in (A). For the
accelerated case in (B), only 1 random shot (out of the 4 k-space shots) is used per q-space point (each shot
is marked using a different color). (C) shows the extraction of the voxel-wise q-space signals to impose the
q-space prior during the iterative joint reconstruction.

for the simultaneously excited set of DWIs from all q-space points can be written as:

S
∗
mb= argmin

˜Smb

∥∥∥Amb(Smb)− Ŷ
∥∥∥2

2
+ λ1

∥∥PΘ(Smb)
∥∥2

2
+ λ2 ‖Smb‖TV [1]

where PΘ

(
Smb(r)

)
= DΘ

(
Smb(r)

)
− Smb(r).

The notation, Smb is used to denote the set of DWIs from the MB bands : {S1,S2..SMB}. Smb is recon-

structed jointly from all N q q-space samples and is of size Nx × Ny ×MB × Nq. The data-consistency

term makes use of a forward operator, Amb(Smb) that accounts for the slice folding due to the multi-

band excitation from the MB bands and the specific k-space sampling pattern. Specifically, Amb(Smb)

incorporates the following operations in a coil-by-coil fashion for every q-space point: Amb(Smb) =

Mq

(∑
b(Pb ◦ F ◦ Cb)(Sb)

)
. Here, the symbol ◦ denotes the composition of the operators, Cb denotes

the multiplication with coil sensitivities of the bth band, F denotes the Fourier transform operation, Pb de-

notes the multiplication with linear phase factor that is used to achieve the desired shift in the images (i.e,

controlled aliasing) for the bth band, and
∑

b denotes the summation of the phase modulated k-space data

from the MB bands.Mq denotes the k-space sampling mask which accounts for the specific under-sampling

pattern used for the qth q-space point. Ŷ is the measured multi-channel k-space data.

The second term in Eq [1] represents the projection error of the reconstructed q-space signal onto the learned
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manifold. DΘ denotes the encoder-decoder mapping learned by the DAE. The projection error is computed

in a voxel-wise manner by extracting the q-space signal Smb(r) (as shown in figure 2(C)), which is projected

to the pre-learned q-space as DΘ(Smb(r)). Minimizing the `2-norm of the projection error, PΘ(Smb(r)),

constraints the reconstructed q-space signal at every voxel location r to be as close to the desired q-space

measurement space. The third term imposes an additional total variation (TV) regularization on the DWIs.

qModeL-SH

As noted earlier, the qModeL pre-learning pertains to the q-space of the data to be reconstructed. One

approach to pre-learn the q-space is to train the DAE by pre-matching the q-space points of the training

signal to that of the data to be reconstructed. However, a limitation of this training approach is that the DAE,

DΘ

(
Smb(r)

)
, is unable to handle the reconstruction when the number of q-space points to be reconstructed

differs from the number of q-space points at which the DAE was pre-trained. This is because the number

of input neurons in DΘ is fixed to the number of reconstruction points in Smb(r). Here, we propose an

alternative training approach that offers more flexibility, termed qModeL-SH. In qModeL-SH, we make use

of spherical harmonics (SH) transformations (30) and learn the q-space in the transformed domain. The SH

basis allows the easy transformation from one set of q-space points to another and also enable a rotation-

invariant learning. The qModeL-SH optimization problem can be written as

S
∗
mb= argmin

˜Smb

∥∥∥Amb(Smb)− Ŷ
∥∥∥2

2
+ λ1

∥∥PΘ(Smb)
∥∥2

2
+ λ2 ‖Smb‖TV [2]

where PΘ

(
Smb(r)

)
= H†qr

{
Dqt

Θ

(
Hqr{ Smb(r)}︸ ︷︷ ︸

Cl,m

)}
− Smb(r).

Here, the notationHqr stands for the spherical harmonics transformation that transforms the diffusion signal

from the polar basis to the spherical harmonics basis, and H†qr denotes the transformation back to the polar

basis. Unlike the previous DAE which was trained on the raw q-space signals, the new DAE, Dqt
Θ (Cl,m), is

trained on the SH coefficients, Cl,m, for a given order l and degree m. Here, the superscript qt is used to

emphasize the fact that the q-space points used during the training of the DAE can be different from the q-

space points qr used during reconstruction. During reconstruction, the operationHqr{ S
qr
mb(r)}, transforms

the q-space points to be reconstructed to the SH coefficients. Then, the projection to the pre-learned space is

performed making use of the SH coefficients. The resulting denoised SH coefficients are utilized to recover

the predicted diffusion signal back as H†qr
{
Dqt

Θ (Cl,m)
}

. The projection error PΘ

(
Smb(r)

)
is computed as

the residual of the predicted diffusion signal from the DAE and the CG-update, as before. Note that since

the DAE, Dqt
Θ , is trained on the SH coefficients, Cl,m of order l, the transformation Hqr also employs the

same order l for reconstruction.
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Methods

To test the qModeL joint recovery for the MB- and in-plane-accelerated case, we used a Stejskal-Tanner

diffusion encoding in a 4-shot EPI pulse sequence with multi-band capability. 90° sinc pulses and 180°

VERSE (31) pulses respectively were frequency modulated and summed to generate the multi-band RF

pulses. Experiments were performed on three different hardware to collect datasets at various settings.

Datasets

Table 1 shows the details of the datasets used in the study. All human experiments were performed fol-

lowing the Institutional Review Board requirements and obtaining informed written consent. Five datasets

were used in the current study. Whereas dataset 1, 2 and 5 were from normal subjects, dataset 3 was from a

volunteer diagnosed with multiple sclerosis and dataset 4 was a volunteer with a single large lesion.

Table 1: Details of Datasets used for Various Experiments
ID Field FOV Slice Th. Matrix b-value(s/mm2) Ns/ pF / # coils Gmax (mT/m)/ Observation

Strength (mm) (mm) size # Directions MB TE (ms) SRmax (T/m/s)

Dataset 1 3T 220 2 128 x 88 1000 4 .68 32 33 normal
. 20 3 57 150

Dataset 2 3T 210 1.5 144 x 96 1000, 2000,3000 4 .71 48 70 normal
60,60,60 3 60.7 150

Dataset 3 3T 210 1.5 144 x 96 1000, 2000,3000 4 .71 48 70 Several small
60,60,60 3 60.7 150 diffuse lesions

Dataset 4 7T 240 1.2 200 x 132 1000 4 .66 32 100 Single large
60 2 48.4 200 lesion

Dataset 5 3T 210 1.5 144 x 96 1000 4 .71 48 70 normal
60 3 60.7 150

Joint k-q Under-sampling experiments performed on the different datasets

All datasets were acquired in a fully sampled manner. The term ”fully sampled” refers to the case using

the k-space data from all 4 shots. The datasets were retrospectively under-sampled by random shot under-

sampling to test the recovery of the combined in-plane and MB-accelerated case. The notation Rkq denotes

the k-q acceleration and R denotes the combined acceleration (MB × Rkq). Note that the ”fully-sampled”

(i.e, Rkq = 1) and under-sampled cases (Rkq > 1) have partial Fourier (pF) under-sampling, which is not

counted in the acceleration. Because of the multi-shot nature of the acquisition, the T2* and the geometric

distortions of the fully sampled data are matched to the under-sampled cases.

The following experiments were performed on the various datasets. The combined in-plane and MB-

acceleration to achieve R= 12 (MB=3, Rkq =4) were experimented on datasets 1,2,3, and 5, whereas R=

8 (MB=2, Rkq =4) was tested on dataset 4. More aggressive joint k-q under-sampling experiments were
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performed on the multi-shell datasets (datasets 2-3) with more q-space points. Here, in addition to the 4-

fold in-plane under-sampling, about 20-33% of the total q-space samples were not sampled (17). Thus,

combined acceleration of up to R=15-18 (MB=3, Rkq =5-6) can be achieved. The recovery of the entire

180 volumes, including the not-sampled volumes, were studied using this experiment. Datasets 5 and 2

was utilized to demonstrate the single-shell and the multi-shell qModeL-SH reconstructions respectively.

Experiments were performed for the fully-sampled case of R=3 (MB=3, Rkq =1), and the accelerated case

of R=12 (MB=3, Rkq =4), for both the datasets.

Reconstruction

The qModeL joint reconstruction is solved iteratively using the plug-and-play ADMM method (17, 32) and

was implemented in Matlab. The DAE training was performed using biophysical modeling because of its

many advantages compared to the data-driven training. The details of the biophysical models (8, 18–24, 33)

are provided in the supporting information. Phase was simulated during training and was added to the mag-

nitude q-space data generated by the biophysical models. Specifically, for every diffusion signal generated,

a phase was added to the magnitude signal by multiplying with exp(iθ) where θ was randomly chosen to

have a value between 0 to 2π. Furthermore, complex Gaussian noise at various levels were added to the

data (17). The resulting complex data was used for training the qModeL DAE. For qModeL-SH, the DAE is

trained on the spherical harmonic coefficients instead of on the raw diffusion signal. To achieve this, the SH

transform is applied on the complex data generated from the biophysical models. SH order of l = 6 is used

in all our experiments (30, 34). The complex SH coefficients are used as training inputs to the qModeL-SH

DAE. xFor both qModeL and qModeL-SH DAE, the training for the multi-shell case was performed jointly

for all shells. This is achieved by concatenating the q-space data from all the shells into a single vector.

The DAE training was performed in TensorFlow. The training data were separated into real and imaginary

parts for training. A 3-layer fully connected network was used for the encoder and for the decoder with 15

neurons in the bottleneck layer each for the real and the imaginary part for both qModeL and qModeL-SH

training. The training procedure remained the same for 3T/7T datasets. The weights from the network, that

was trained in TensorFlow, were saved and re-used in Matlab to implement DΘ(S) for the qModeL joint

reconstruction.

While the training of the DAE on the raw diffusion signal is straightforward, the training on the SH coef-

ficients are hard to achieve. This is due to the high dynamic range of the SH coefficients. The ”DC com-

ponent” (i.e., the SH coefficient corresponding to l = 0) is usually much stronger in amplitude compared

to the rest of the coefficients, which makes the learning difficult. To overcome this problem, we developed
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a modified DAE to learn only the non-DC terms. Hence, during qModeL-SH reconstruction, the denoising

only pertains to the non-DC terms while the DC term remains the same. For multi-shell experiments, the SH

transform of the raw diffusion signal was performed individually for each shell. The DC components are

removed and the non-DC terms from all the shells are concatenated into a single vector to form the training

data. During the joint recovery, the denoising only pertains to the non-DC terms for each shell, while the

DC terms remains the same.

As detailed in the previous work (17), qModeL is a phase-compensated reconstruction. The forward model

of qModeL in Eq 1-2 involves an initial phase estimation (performed from the data itself, accounted into Cb
as detailed in (17)) similar to that used in previous methods such as MUSE (35) and its extension to the SMS

setting (36). Hence, qModeL can be considered as a regularized SMS MUSE reconstruction, where regular-

ization from the DAE and TV are additionally present. For comparison of the qModeL reconstruction, we

utilize the SMS MUSE method (36) and the SMS MUSSELS method (29). These methods serve as a guid-

ance to verify the correctness of diffusion contrasts generated by the DAEs. To quantify the performance

of the under-sampled reconstructions, the root-mean squared error (RMSE) and structure similarity index

(SSIM) were calculated with respect to the qModeL reconstruction with no under-sampling. The regular-

ization parameters λ1 and λ2 were chosen by picking those that resulted in the lowest RMSE with respect

to the fully-sampled case.
(A) SMS MUSE (MB=3; Rkq=1; R=3) (B) qModeL (MB=3; Rkq=1; R=3)
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ic

e
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ic

e
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DWI #1 DWI #2 DWI #1 DWI #2

Figure 3: (A) SMS MUSE individual reconstruction, (B) qModeL joint
reconstruction. Two representative DWIs from the full set of 20 DWIs are
shown in each case. All images are displayed on the scale [0 1].

Results

We first demonstrate the per-

formance of qModeL joint

reconstruction to simultane-

ously unalias the MB alias-

ing and jointly recover the

full set of q-space data. Fig-

ure 3 shows the qModeL

joint reconstruction result on

dataset 1 for the case with no

under-sampling. For com-

parison, the SMS MUSE re-

sults from the individual reconstruction of the fully sampled data are shown. Two representative DWIs from

the 20 diffusion directions are shown from all the three slices. The results confirm that the diffusion contrasts

11



are correctly preserved by the DAEs. When compared to the SMS MUSE individual reconstruction of the

DWIs (figure 3(A)), the improvement in SNR is evident for the qModeL joint reconstruction (figure 3(B)).

Figure 4 shows the results of the qModeL reconstruction for the under-sampled cases on the same dataset,

corresponding to R = 6, 12, along with the residual error maps from the reconstructions. The RMSE and

SSIM are 0.0125 and 0.994, respectively for R=6, and 0.0185 and 0.9771 for R=12. FA maps were computed

by fitting a DTI model to the data recovered from the various accelerations. Figure S1 in the supporting in-

formation show the FA maps and the direction encoded color (DEC) maps. The average error in these maps

compared to the case with no under-sampling are reported in the figure. The average angular error (com-

puted for voxels with FA>0.2) is noted to be < 12◦ for R=12. Note that the same DAE was utilized in all of

the above experiments involving the different randomized k-q under-sampling patterns and accelerations.

(A) qModeL (MB=3; Rkq=2; R=6) (B) Residual (C) qModeL (MB=3; Rkq=4; R=12) (D) Residual
DWI #1 DWI #2 DWI #1 DWI #2 DWI #1 DWI #2 DWI #1 DWI #2
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RMSE= 0.0125; SSIM= 0.994 RMSE= 0.0185; SSIM= 0.9771

Figure 4: (A), (B) : qModeL joint recovery for R=6 and the residual. (C), (D) qModeL joint recovery for
R=12 and the residual. Two representative DWIs from the full set of 20 DWIs are shown in each case. The
normalized RMSE and SSIM for the above cases are reported with respect to the qModeL joint recovery at
R=3. The residuals are scaled 10x for display. All images are displayed on the scale [0 1].

Multi-band Multi-shell Joint Reconstruction

For the experiments on dataset 2-3, a new DAE was trained to pre-learn the q-space signal space of the

multi-shell data. Figure 5 show the experiments dataset 2 that was k-q under-sampled. DWIs from all q-

space points that span the three shells are jointly reconstructed for all the simultaneously excited slices using

qModeL joint recovery. Three DWIs from the above set, that belong to the b1000, b2000 and b3000 shells,

are shown in figure 5 (the full set of simultaneously excited slices are given in figure S2). The SMS MUSE

and SMS MUSSELS individual reconstruction of the DWIs are given in figures 5, S2. Notably, compared

to these individual reconstructions, the SNR of the qModeL joint reconstruction are significantly improved
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(A) SMS MUSE; R=3 (B) SMS MUSSELS; R=3 (C) qModeL; R=3
b1000 b2000 b3000 b1000 b2000 b3000 b1000 b2000 b3000

RMSE=0.0137, SSIM=.9831 RMSE=0.0156, SSIM=.9799 RMSE=0.0176, SSIM=.9761

Figure 5: Multi-band multi-shell joint reconstruction (dataset 2): (A), (B) SMS MUSE and SMS MUSSELS
individual reconstruction, and (C) qModeL joint reconstruction for R=3 (MB=3, Ns=4, Rkq =1) shown from
3 DWIs corresponding to b1000, b2000 and b3000. The images from one of the bands is given above. The
images corresponding to all three bands in the multi-band acquisition are included in figures S2. (D), (G)
shows the qModeL joint reconstruction at R=12 (MB=3, Ns=1, Rkq =4) and its residual error with respect
to qModeL at R=3. (E), & (H) corresponds to R =15 (MB=3, Rkq =5), and (F), (I) corresponds to R=18
(MB=3, Rkq =6). All images are displayed on the scale [0 1]. The residuals is scaled 10x for display. The
RMSE and the SSIM are reported for each case.

especially for the DWIs from the higher b-shells. Figure 5(D) shows the qModeL reconstruction results of

the same DWIs from the MB-data with 4-fold in-plane acceleration. The reconstruction error for this case

compared to the qModeL case at R = 3 is given in figure 5(G).

Further k-q acceleration is tested on the MB-accelerated setting by skipping random q-space points al-

together. Figures 5(E), (H) correspond to the qModeL reconstruction and the residuals from the 15-fold

accelerated case (MB=3, Rkq=5). Here 20% of the q-space points were not sampled (or equivalently, only

144 out of 180 q-space points were sampled), however all the 180 q-space points are reconstructed. The

RMSE and SSIM for this case are 0.0156 and 0.9799 respectively. Similarly, figures 5(F), (I) corresponds

to R=18 (MB=3, Rkq=6). Here, 60 random q-space points out of the 180 points (33%) are skipped. The

full set of 180 DWIs are reconstructed using the joint recovery method in Eq [1]. The average error in all

the 180 DWIs for the accelerated case at R=18 is 0.0176. The (10× magnified) reconstruction error for

these cases are given in figure 5. Figure S2 in the supporting information show reconstruction from all the

simultaneously excited slices.

Figure S3 in the supporting information show the breakdown of the RMSE and SSIM for the various gra-
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dient directions and b-shells. Figure S3 (A)-(B) plots the overall RMSE and SSIM for each q-space point

from the all tissue types, while figure S3 (C)-(D) plots the RMSE and SSIM for each q-space point from a

white matter ROI (the ROI chosen for the plot is shown in figure S3(E)).

For the multi-shell DWIs reconstructed from the fully-sampled and under-sampled cases, microstructural

maps were derived by making use of the NODDI model (6).The neurite density index (NDI) computed for

R=3, 12 and 18 are shown in Figure S4 in the supporting information, while the orientation dispersion index

(ODI) are shown in figure 6. The NDI and ODI maps for qModeL are noted to closely follow the SMS

MUSE maps. Figure 6 also show the error in the ODI maps computed over the white matter (WM) region,

while the unmasked ODI error maps as well as the NDI error maps are shown in Figure S4. The average

error in these maps are also reported in the figure.

(A) SMS MUSE (R=3) (B) qModeL R=3 (C) qModeL R=12 (D) qModeL R=18

Avg error = 0.027563 Avg error= 0.040689

Figure 6: Orientation dispersion in-
dex (ODI) derived using the multi-
shell data of dataset 2. (A) - (B) shows
the ODI maps derived from DWIs re-
constructed using SMS MUSE and
qModeL respectively at R=3. (C) -
(D) shows the ODI maps derived from
DWIs reconstructed using qModeL re-
spectively at R=12 and R=18. The er-
ror in the ODI maps windowed over
the WM (defined as FA > 0.2) are
shown in the bottom row for the cases
R=12 and R=18.

Micro-structural maps of lesion using qModeL joint reconstruction of accelerated cases

We tested the capability of qModeL to also represent q-space signals from voxels with abnormality, using the

DAEs trained on the biophysical models. For this purpose, dataset 3 was acquired on a subject diagnosed

with multiple sclerosis. The T2 FLAIR data from the subject exhibit diffuse hyper-intensities in several

regions that may indicate active neuroinflammation or other ongoing neurodegeneration. Figure S5 in the

supporting information show the intra-axonal volume fraction (vic), the extra-axonal volume fraction (vec)

and the NDI maps (vic/(vic + vec)) derived from the MB-accelerated cases for the slice sets that were

simultaneously excited. The maps derived from various acceleration factors are shown. Figure 7 shows the

vec maps from two slices, along with the corresponding T2 FLAIR data, where both large and small lesions

are indicated in blue (A more comprehensive set of images can be found in figure S6 in the supporting

information). Figure S7 in the supporting information show the vic in comparison to the T2 FLAIR images
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(A) T2 FLAIR (B) SMS MUSE (C) qModeL (R=3)

(D) qModeL (R=12) (E) qModeL (R=15) (F) qModeL (R=18)

Figure 7: The extra-cellular volume fraction (vec) computed using the NODDI model is shown for various
acceleration factors in comparison to the T2 FLAIR data (shown from two slices). The hyper-intensities
on the T2 FLAIR is seen as hyper-intensities in the vec maps also as indicated by the arrows. Some re-
gions are zoomed for better visualization of the hyper-intensities. The qModeL reconstruction can faithfully
reconstruct the lesion data at the various acceleration factors.

where the T2 hyper-intensities correspond to hypo-intensities. These images confirm the ability of qModeL

to faithfully represent the lesion data in agreement to the SMS MUSE maps. A radiologist evaluated the

various reconstructions in conjunction with the T2 FLAIR data. The report concurs to the above observation

that the MS lesion features are preserved in the qModeL images at different accelerations. The radiologist

also noted that at R=18, the subcortical lesions become less sharp, but is still conspicuous on the images.

Figure S8 in the supporting information show the breakdown of the RMSE and SSIM for the various gradient

directions and the b-shells for dataset 3.

Notably the same DAE was used for the reconstruction of datasets 2-3 for all the experiments, including the

randomized under-sampling in q-space. No additional training was needed to reconstruct the data with the

MS lesions.

Reconstruction of 7T data with lesion

While 7T diffusion data generally have different contrasts than 3T data due to the different relaxation times,

the q-space relations remain the same. Hence DAEs pre-trained for 3T datasets can be utilized to reconstruct

7T datasets and vice-versa, with no modification needed. We demonstrate this flexibility using dataset 4 and

dataset 5 (in the next section).

Dataset 4 is a lesion data that was collected on the 7T field strength. Figure S9 show the qModeL recon-

struction of dataset 4 along with the SMS MUSE and the SMS MUSSELS reconstruction for the fully

sampled case. The qModeL reconstructions from the under-sampled case at R=8 (MB=2, Rkq=4) are also

shown along with its residual. The RMSE and SSIM are noted to be 0.0095 and 0.9982 respectively for
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(A) SMS MUSE (R=2) (B) qModeL (R=2) (C) qModeL (R=8) (D) qModeL residual (R=8)
D

E
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Slice #1 Slice #2 Slice #1 Slice #2 Slice #1 Slice #2 Slice #1 Slice #2

Figure 8: Dataset 4: (A) show the mean diffusivity (MD) maps, the FA maps and the DEC maps derived
using the SMS MUSE reconstructed DWIs. (B)-(C) show the same maps derived using the qModeL recon-
structions at R=2 and 8. The error in the microstructural parameter maps are given in (D), shown windowed
over the white matter voxels (defined as FA> 0.2).

R=8, computed with respect to R=2 from all DWIs.

The mean diffusivity (MD), FA and the DEC maps derived from the SMS MUSE and qModeL reconstruc-

tion of the above single-shell data are given in figure 8. The error in these microstructural maps for qModeL

reconstruction at R=8 is also shown in the figure. The mean FA error for R=8 is 0.043, whereas the average

angular error in the DEC FA map is 10.2◦, computed for voxels where FA> 0.2. The qModeL reconstructed

DWIs and the micro-structural maps are noted to closely follow the SMS MUSE DWIs and micro-structural

maps at R=2, again confirming the utility of the physics-based qModeL training to represent q-space signals

from abnormal tissues accurately. The radiologists’ evaluation of the FA and MD maps also confirm the

utility of the qModeL maps to be as good as the SMS MUSE maps.

Reconstruction using qModeL-SH

For qModeL-SH experiments, we first compared the qModeL-SH reconstruction to that using the qModeL

DAE trained on the raw diffusion signal, on the fully sampled case. We utilized a single-shell dataset

(dataset 5) for this purpose. The same DAE that was used to reconstruct the 7T 60-direction lesion data

(dataset 4) was utilized for the qModeL reconstruction of dataset 5. Figure S10 (A) - (B) show the qModeL

and qModeL-SH reconstruction for R=3 for this single-shell data. Here, we trained the qModeL-SH DAE
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on the SH coefficients of the q-space samples that were used for training the qModeL DAE. The number of

q-space samples utilized for training were matched to the q-space of the data to be reconstructed (i.e., qt and

qr are same) for both qModeL and qModeL-SH DAEs, in this experiment. The difference image from the

two reconstructions given in figure S10(C) show minimal difference, confirming that the qModeL-SH DAE

is as good as the qModeL DAE for pre-learning the q-space.

Next, we show the utility of the qModeL-SH DAE to reconstruct q-space data when qt is different from qr.

Two DAEs were trained for this purpose: (i) using SH coefficients derived from qt = 64 q-space points,

and (ii) using SH coefficient derived from qt = 90 q-space points. These two DAE’s were then utilized to

reconstruct dataset 5 with qr = 60 q-space points. Figure 9 show the qModeL-SH reconstruction employ-

ing these two DAE for R=3. Here also the residual show minimal error, confirming that the qModeL-SH

using qt = 64, 90 are equally good for reconstructing data with qr = 60 points. Further, we also tested the

qModeL-SH reconstruction for R=12. The comparison employing three DAEs trained using: qt = 60, 64

and 90 are given in Figure S11 along with the residuals (computed with respect to the qModeL at R=3). The

RMSE is noted to be less than .02 for all the cases.

Figures S12-S13 show the qModeL-SH experiments utilizing multi-shell data (dataset 2). Here also, the

qModeL-SH DAE were trained in three settings: (i) qt = 180 q-space points (60 points per shell), (ii)

qt = 192 q-space points (64 points per shell), and (iii) qt = 270 q-space points (90 points per shell).

These DAE’s were then utilized to reconstruct dataset 2 with qr = 180 q-space points (60 q-space points

over three shells), at R=3 and R=12. The reconstruction quality was compared to that achieved using the

qModeL multi-shell reconstruction for R=3 for dataset 2. Three representative DWIs from the multi-shell

qModeL-SH reconstruction are included in figure S12 for R=3, and in figure S13 for R=12, using all three

DAEs. The experiments show reasonable reconstructions achieved using qModeL-SH for the multi-shell

case, with RMSE of 0.016 for R=12.

Discussion

In this work, we showed the adaptability of the qModeL learnable framework to simultaneously unalias

and jointly recover diffusion scans that are multi-band accelerated and under-sampled. The under-sampling

of the PE lines and the multi-band aliasing, together result in an increased number of aliased signals that

needs to be separated during reconstruction. The pre-learned q-space manifold prior, made available from

the qModeL framework, aids with the removal of the aliased signals. This is achieved by minimizing the

projection error of the aliased signal to the pre-learned manifold. To further ease the complexity of the multi-

band accelerated and under-sampled reconstruction, we made use of incoherent under-sampling patterns in
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(A) SH training with qt = 64 directions (B) Residual (qt = 64 directions) (C) SH training with qt = 90 directions (D) Residual (qt = 90 directions)
DWI #1 DWI #2 DWI #1 DWI #2 DWI #1 DWI #2 DWI #1 DWI #2

RMSE =0.0042, SSIM=0.9985 RMSE =0.006, SSIM=0.9974

Figure 9: Dataset 5: Two representative DWIs reconstructed using qModeL-SH at R=3. (A) show recon-
struction where the SH coefficient training was performed using 64 q-space points, and (B) show the residual
with respect to qModeL reconstruction (amplified 20X). (C) show reconstruction where the SH coefficient
training was performed using 90 q-space points, and (D) show the residual with respect to qModeL recon-
struction (amplified 20X). All images are displayed on the scale [0 1].

the k-q space. These patterns help to shift the aliases with respect to each other along the q-dimension. In

comparison to the individual reconstruction of the DWIs, the proposed joint reconstruction optimally make

use of the shared information available in the combined k-q space and help to compensate for the SNR loss

associated with the under-sampling.

Of note, once the DAE is trained to learn the q-space manifold to which the data needs to be reconstructed,

it does not need to be re-trained for a different level of acceleration, under-sampling pattern or resolution

or field strength. The explicit accounting of the acquisition physics in the forward model will handle these

changes. The qModeL-SH prior introduced above further enhances the flexibility of the trained framework

by enabling the pre-trained DAE to be used for a wide range of q-space points. This relatively high flexi-

bility is partly made possible by the biophysical models that are used for training the DAE. The DAEs can

efficiently learn the q-space signal relations modeled by the biophysical models. Moreover, re-training of

the DAEs to learn a new q-space measurement space is a trivial process when utilizing biophysical models,

as we have shown with the several DAEs we have used in this work. In contrast, training using in-vivo

data will heavily depend on the quality of the training data available. Hence, in-vivo training data would

require carefully curated data, to ensure the availability of various noise levels, resolution, accommodation

of heterogeneous tissue types etc.

On the contrary, training using biophysical models also have caveats. The relationships learned by the DAEs

are only as good as those predicted by the training models. It is to be noted that biophysical models are only

approximations of the tissue types and are not exact in terms of modeling the behavior of the diffusion sig-
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nal in every tissue type. Even very elaborate models such as the 3-compartment model may not model gray

matter or mixed tissue types accurately for all acquisition conditions. The inaccuracy in the models can

bias the reconstruction and can become more apparent at high acceleration factors. At low accelerations,

this may not pose a big challenge. This is because the qModeL reconstruction is not solely dictated by the

accuracy of the biophysical models. The data consistency term ensures that the recovered diffusion signal

is close enough to the “measured true” diffusion signal. Moreover, the pre-learned signal model is not used

as a constraint, rather it is only used as a prior. Hence, as long as the forward prediction given by the training

model is good enough, the DAE can learn the diffusion measurement space well enough to help constrain

the reconstruction to an acceptable sub-space out of all possible solutions. However, at high acceleration

factors, when the available data points become fewer, the priors play a bigger role in determining the final

solution. Hence, it is important to have accurate models to have accurate reconstruction especially at high

acceleration factors. As more advanced models emerge, the learning can be adapted to such models. A

balanced approach of augmenting the training using in-vivo data may also provide improved learning of the

diffusion signal space to further improve the reconstruction. Alternately, learning of a more complete basis

or dictionary that could represent all tissue types during reconstruction may be explored in future works.

We note that the qModeL framework is general enough to work in a range of scenarios: (i) a model-free

approach, where in-vivo training data may be used to train the deep network, instead of biophysical models,

(ii) any signal model can be utilized for training.

On a related note, degeneracy in parameter estimation of the biophysical models is a widely known issue.

Parameter degeneracy implies that multiple solutions are possible for the tissue microstructure parameter

estimates, while solving the inverse problem of fitting the model to the diffusion signal. However, we note

here that the issue of parameter degeneracy does not affect the proposed scheme, because qModeL recon-

struction do not consider solving the above inverse problem at any point during the reconstruction. Only

the accuracy of forward mapping of the tissue microstructure parameters to the diffusion signal is relevant

for qModeL framework. Once the DWIs are reconstructed and are ready for model fitting using biophysical

models, parameter degeneracy becomes relevant. We do not address this issue in this work. A detailed study

of the parameter degeneracy problem and the landscape of the inverse fitting, given in (33), demonstrates

the impact of SNR on the fitting accuracy. Of note, the proposed joint reconstruction with incoherent k-q

under-sampling pattern provides improved SNR as demonstrated from several test cases in the present study.

Further studies are needed to evaluate the impact of the under-sampling patterns and joint reconstructions

on the accuracy of model fitting.
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One advantage of the joint reconstruction method combined with incoherent k-q sampling patterns, is the

gain in SNR achieved from the maximal utilization of shared k-q information available (figure S14). This

also means that with more q-space points, a higher acceleration can be achieved, and vice versa. When only

fewer q-space points are available, the number of randomized patterns as well as the available number of k-q

points are reduced. Hence, blurry or noisy reconstructions are possible at high accelerations in such cases.

This trend was noted in other joint reconstruction methods such as DAGER (13) also, where the need for

>> 60 q-space samples are noted to recover data with R=12 (where the in-plane under-sampling was even

lower). We suspect that the blurring noted in the microstructural maps of dataset 1 (given in figure S1(D))

is due to the heavy under-sampling. Note that this data was reconstructed from only 20 q-space points. We

believe that sharper reconstructions could have been possible if more q-space points were available, or if the

sampling patterns were less restrictive (as is currently the case with a fixed partial Fourier under-sampling

pattern). Alternatively, sharper reconstructions may have been achieved by using more sophisticated recon-

structions that can account for the partial Fourier sampling also (15).

In the current work, we evaluated the performance of the qModeL reconstruction accuracy as a function

of gradient directions, b-values and also focused on white matter regions only. From the plots given in S3

and S8, no gradient directions were noted to perform preferentially better or worse. The SSIM seems to be

higher for low b-shells and progressively decreases for higher b-shells (figures S3(B), S8(b)). The RMSE

is also slightly higher for higher b-shells, but only show a small change across the different shells. Within

the white matter ROI, the average RMSE is noted to be slightly higher than the average over all tissue types.

However, the variation of RMSE with respect to the b-value is not present within the white matter ROI. (Of

note, the white matter ROI chosen to plot the RMSE could possibly have more than one fiber population.)

These patterns are consistent across the two datasets studied. The choice of the regularization parameters λ1

and λ2 can partly explain this trend. The optimal regularization parameters were chosen by picking those

that resulted in the lowest overall RMSE with respect to the fully sampled case. Nevertheless, the overall

RMSE as well as the RMSE within the WM ROI, is noted to be < 0.03 for every shell (indicated by the

dotted line shown in the plots).

In this work, we introduced the qModeL-SH prior to improve the flexibility of the q-space pre-learning.

In qModeL-SH, the pre-learning of q-space is achieved in the SH domain. Hence, arbitrary modifications

of the test q-space points can still be handled by the DAEs trained on the SH coefficients, as long as the

degree and order of the SH transform are adequate to represent both the testing and training q-space points

well. For example, we showed reconstruction where the DAE trained with 90 q-space samples was used
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to reconstruct a dataset with 60 q-space samples. When the q-space relations pre-learned during training

is not applicable to a test data, re-training of the DAEs are needed. Such scenarios include reconstructing

datasets with different b-values than originally trained or the number of sampling points are drastically dif-

ferent. However, this is not a major limitation of the method since the re-training of the DAEs are fast (20

mins to less than 2 hours) and can be pre-trained and stored for a range of b-values / q-space samples. The

present work also demonstrates the reconstruction of multi-shell data using the SH bases. Other bases that

utilize different choices for radial basis function for representing multi-shell data are available (37–39). The

utility of such bases could be explored in future to improve the accuracy of the multi-shell q-space manifold

learning.

We also tested the ability of the biophysically-driven training method to accurately represent the q-space

signal in brain tissues with abnormalities. We noted that the reconstructed images, and the micro-structural

indices derived from the images generated via the qModeL framework, closely follow those reconstructed

without using constraints on the q-space signals. Further, we tested the generalization capability of the

learning-based prior on abnormal data (and healthy data) collected at different field strengths.

In the current work, we showed combined acceleration factors upto R=18 for multi-shell data, by choosing

the multi-band acceleration to a factor of 3. It is possible to increase the multi-band factor to 4 using meth-

ods such as multiPINS RF excitation (13, 40). This can increase the achievable acceleration even further

without additional SNR loss. Future works will explore this option.

We have studied the contribution of the q-space manifold regularizer and the TV regularizer separately on

the qModeL reconstruction in (17). Experiments with and without the TV regularization are reported in

(17). Specifically for TV regularizer, concerns about blurring can be alleviated by appropriately tuning λ2.

Conclusion: We presented a new reconstruction method for the recovery of multi-band accelerated dMRI

data that is also in-plane accelerated. The method introduces a complementary reconstruction prior in the

q-domain to constrain the reconstruction. The joint reconstruction helps to compensate for the SNR loss

from the in-plane under-sampling. The method was tested on single- and multi-shell acquisitions as well as

on healthy and abnormal tissues. The reconstructed images and the micro-structural indices derived from

the proposed method is shown to provide good accuracy to be used for routine micro-structural studies.
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Legends:

Fig 1: qModeL joint recovery utilizing DAEs that were trained using: (i) biophysical modeling (DAE1),

and (ii) in vivo training data (DAE2). (A) shows a DWI that belongs to a test data acquired with 60 q-space

samples at b-value of 1000 s/mm2. (B) - (C) show the same DWI from the qModeL joint recovery based

on DAE1 and DAE2 respectively. For the training of DAE2 in (C), training data was derived from a random

set of two subjects from a pre-existing database with DWIs collected at b=1000 s/mm2 and 60-directions,

from which only magnitude data was available. The specific imaging parameters of the test data and the

training database are very different. For example, the test data is acquired with a 4-shot acquisition, at

1.7mm resolution with a TE of 58.3ms, whereas the images from the pre-existing database was acquired

with single-shot EPI at 2mm resolution, with a TE of 88ms. (D) shows the mean difference between the

reconstruction from the two DAEs (magnified by 10 times). (E) shows the q-space signal plots from a re-

gion with relatively higher difference (marked in (D)) predicted by DAE1 and DAE2. The plot from both

DAEs are noted to closely follow the q-space signal plot of the test data. This demonstrates that the learn-

ing involved in qModeL is pertinent only to the q-space information and not tied to the specific acquisition

parameters of the training data.

Fig 2: (A) shows the case with no acceleration involving the acquisition of two slices and (B) shows the

case with combined MB- and in-plane acceleration. For the illustrated case in (B) with MB=2 and in-plane

acceleration of 4-fold, a combined acceleration of R=8 is achieved ( MB×Rkq = 2× 4 ). To randomize the

4-fold in-plane under-sampling pattern for every q-space point in (B), we make use of multi-shot trajecto-

ries. A (Ns =) 4-shot EPI trajectory is designed to sample the k-space in the non-accelerated case in (A).

For the accelerated case in (B), only 1 random shot (out of the 4 k-space shots) is used per q-space point

(each shot is marked using a different color). (C) shows the extraction of the voxel-wise q-space signals to

impose the q-space prior during the iterative joint reconstruction.

Fig 3: A) SMS MUSE individual reconstruction, (B) qModeL joint reconstruction. Two representative

DWIs from the full set of 20 DWIs are shown in each case. All images are displayed on the scale [0 1].

Fig 4: (A), (B) : qModeL joint recovery for R=6 and the residual. (C), (D) qModeL joint recovery for

R=12 and the residual. Two representative DWIs from the full set of 20 DWIs are shown in each case. The

normalized RMSE and SSIM for the above cases are reported with respect to the qModeL joint recovery at

R=3. The residuals are scaled 10x for display. All images are displayed on the scale [0 1].
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Fig 5: Multi-band multi-shell joint reconstruction (dataset 2): (A), (B) SMS MUSE and SMS MUSSELS

individual reconstruction, and (C) qModeL joint reconstruction for R=3 (MB=3, Ns=4, Rkq =1) shown from

3 DWIs corresponding to b1000, b2000 and b3000. The images from one of the bands is given above. The

images corresponding to all three bands in the multi-band acquisition are included in figures S2. (D), (G)

shows the qModeL joint reconstruction at R=12 (MB=3, Ns=1, Rkq =4) and its residual error with respect

to qModeL at R=3. (E), & (H) corresponds to R =15 (MB=3, Rkq =5), and (F), (I) corresponds to R=18

(MB=3, Rkq =6). All images are displayed on the scale [0 1]. The residuals is scaled 10x for display. The

RMSE and the SSIM are reported for each case.

Fig 6: Orientation dispersion index (ODI) derived using the multi-shell data of dataset 2. (A) - (B) shows

the ODI maps derived from DWIs reconstructed using SMS MUSE and qModeL respectively at R=3. (C) -

(D) shows the ODI maps derived from DWIs reconstructed using qModeL respectively at R=12 and R=18.

The error in the ODI maps windowed over the WM (defined as FA > 0.2) are shown in the bottom row for

the cases R=12 and R=18.

Fig 7: The extra-cellular volume fraction (vec) computed using the NODDI model is shown for various

acceleration factors in comparison to the T2 FLAIR data (shown from two slices). The hyper-intensities on

the T2 FLAIR is seen as hyper-intensities in the vec maps also as indicated by the arrows. Some regions are

zoomed for better visualization of the hyper-intensities. The qModeL reconstruction can faithfully recon-

struct the lesion data at the various acceleration factors.

Fig 8: Dataset 4: (A) show the mean diffusivity (MD) maps, the FA maps and the DEC maps derived using

the SMS MUSE reconstructed DWIs. (B)-(C) show the same maps derived using the qModeL reconstruc-

tions at R=2 and 8. The error in the microstructural parameter maps are given in (D), shown windowed over

the white matter voxels (defined as FA> 0.2).

Fig 9: Dataset 5: Two representative DWIs reconstructed using qModeL-SH at R=3. (A) show reconstruc-

tion where the SH coefficient training was performed using 64 q-space points, and (B) show the residual

with respect to qModeL reconstruction (amplified 20X). (C) show reconstruction where the SH coefficient

training was performed using 90 q-space points, and (D) show the residual with respect to qModeL recon-

struction (amplified 20X). All images are displayed on the scale [0 1].
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Table 1: Details of Datasets used for Various Experiments.

Fig S1: (A)-(D) FA maps and direction encoded color (DEC) maps from the SMS MUSE for R=3 and

qModeL joint recovery for R=3, 6 and 12. For this dataset, only 20 diffusion directions are available. Due

to the noisy SMS MUSE reconstruction for this case, the SMS MUSE FA and DEC maps (A) are also noisy.

The qModeL maps at R=3 (B) show better SNR due to the joint recovery. The accelerated results at R=12

(D) show some blurring. The average error in the respective maps compared to R=3 is given in the bottom

of the figures. The errors are computed for voxels where FA > 0.2.

Fig S2: Multi-band multi-shell joint reconstruction (dataset 2): (A), (B), (C) SMS MUSE reconstruction,

SMS MUSSELS reconstruction and qModeL joint reconstruction of R=3 (MB=3, Ns=4, Rkq =1) shown

from 3 DWIs corresponding to b1000, b2000 and b3000. (D), (G) shows the qModeL joint reconstruction at

R=12 (MB=3, Ns=1, Rkq =4) and its residual error with respect to qModeL at R=3. (E), & (H) corresponds

to R =15 (MB=3, Rkq =5), and (F), (I) corresponds to R=18 (MB=3, Rkq =6). All images are displayed on

the scale [0 1]. The residuals is scaled by a factor of 4 for display. The RMSE and the SSIM are reported

for each case.

Fig S3: (A) Plot of RMSE as a function of the gradient directions and b-value is shown from dataset 2 for

accelerations of R=12, 15 and 18. (B) shows the plot of SSIM as a function of the gradient directions and

b-value. The RMSE and SSIM plotted in (A)-(B) are the average over all tissue types from the slice shown

in (E). (C)-(D) show plots of RMSE and SSIM from a white matter ROI that is shown in (E). The x-axis

show the gradient directions with points 1 to 60 corresponding to the 60 directions of b1000 shell, points

61 to 120 corresponding to the 60 directions of b2000 shell, and points 121 to 180 corresponding to the 60

directions of b3000 shell. The data from the different shells are shown in different colors. The order of gradi-

ent directions remain constant for all the shells. The mean from each plot is indicated using the dashed lines.

Fig S4: Micro-structural maps derived using the multi-shell data of dataset 2 from one slice is shown for the

neurite density index (NDI) and the orientation dispersion index (ODI). (A) -(B) shows the micro-structural

maps derived from DWIs reconstructed using SMS MUSE and qModeL respectively at R=3. (C)- (D) shows

the micro-structural maps derived from DWIs reconstructed using qModeL respectively at R=12 and R=18.

The error in the micro-structural maps at R=12 and R=18 are shown.
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Fig S5: The micro-structural maps intra-cellular volume fraction, extra-cellular volume fraction and NDI

are shown for the simultaneously excited slices from dataset 3 with multiple sclerosis. The NDI values

in the voxels that are at the boundary between tissue and ventricles are less consistent in the SMS MUSE

reconstruction. The high noise in the SMS MUSE reconstruction, especially at the high b-shells, might be

causing this.

Fig S6: The extra-cellular volume fraction (vec) computed using the NODDI model is shown for various

acceleration factors in comparison to the T2 FLAIR data. The hyper-intensities on the T2 FLAIR is seen

as hyper-intensities in the vec maps also as indicated by the arrows. Some regions are zoomed for better

visualization of the hyper-intensities. The qModeL reconstruction can faithfully reconstruct the lesion data

at the various acceleration factors.

Fig S7: The intra-cellular volume fraction maps are shown in comparison to the T2 FLAIR images from

dataset 3 with multiple sclerosis. The hyper-intensities in the T2 FLAIR corresponds to hypo-intensities in

the intra-cellular volume fraction maps derived from qModeL, and closely follow the pattern observed in

the SMS MUSE based reconstruction. At high acceleration also, the hypo-intensities are preserved.

Fig S8: Dataset 3: (A) Plot of RMSE as a function of the gradient directions and b-value is shown for

accelerations of R=12, 15 and 18. (B) shows the plot of SSIM as a function of the gradient directions and

b-value. (A)-(B) are plotted from the whole slice shown in (E). (C)-(D) show plots of RMSE and SSIM

from a white matter ROI. The white matter ROI that was chosen for the above plot is shown in (E). The data

from the different b-values are shown in different colors. The order of gradient directions remain constant

for all the shells. The mean from each plot is indicated using the dashed lines.

Fig S9: (A) Two representative DWIs reconstructed using the SMS MUSE (A) and the SMS MUSSELS (B)

method on the data with lesion (dataset 4) are given in the top row. (C) show the corresponding DWIs from

the qModeL joint reconstruction at R=2. (D) - (E) show the qModeL reconstruction of the same DWIs at

R=8 and the residual computed from the white matter region (defined as FA > 0.2). The RMSE and the

SSIM computed from the white matter voxels are reported in the figure. The residual was multiplied 5 times

to magnify the errors. All images are displayed on the same scale [0 1].
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Fig S10: Two representative DWIs reconstructed at R=3 from dataset 5 : (A) using qModeL, with DAE

trained on raw diffusion signal, (B) using qModeL-SH with DAE trained on the SH coefficients, and (C)

their difference. Both training were done using the same set of q-space points. In (A), the same DAE that

was utilized to reconstruct dataset 4 was employed.

Fig S11: Two representative DWIs reconstructed using qModeL-SH at R=12. (A) show reconstruction

where the SH coefficient training was performed using the same 60 q-space points as used for reconstruction,

and (D) show the residual with respect to qModeL reconstruction (amplified 5 times). (B) show qModeL-

SH reconstruction where the SH coefficient training was performed using 64 q-space points, and (E) show

the residual with respect to qModeL reconstruction (amplified 5 times). (C) show reconstruction where the

SH coefficient training was performed using 90 q-space points, and (F) show the residual with respect to

qModeL reconstruction (amplified 5 times). The RMSE and SSIM computed with respect to qModeL at

R=3 is noted in the figure.

Fig S12: Three representative DWIs from the multi-shell data that was reconstructed using qModeL-SH

reconstruction at R=3. (A) show reconstruction where the SH coefficient training was performed using

the same 180 q-space points as used for reconstruction, and (D) show the difference image with respect to

qModeL reconstruction at R=3 (shown in figure S2(C)) (amplified 4 times). The difference is quantified as

the RMSE and is noted in the figure. (B)-(C) show qModeL-SH reconstruction where the SH coefficient

training was performed using 192 q-space points and 270 q-space points respectively, and (E)-(F) show the

respective difference image with respect to qModeL reconstruction (amplified 4 times). The quantified dif-

ference for all the choices of qt is close to 0.0095 confirming the suitability of any of the qt to reconstruct

the above data. In all the cases, the difference is noted to be higher for the higher shells.

Fig S13: Three representative DWIs from the multi-shell data that was reconstructed using qModeL-SH

reconstruction at R=12. (A) show reconstruction where the SH coefficient training was performed using

the same 180 q-space points as used for reconstruction, and (D) show the residual with respect to qModeL

reconstruction (amplified 4 times). (B), (C) show qModeL-SH reconstruction where the SH coefficient

training was performed using 192 q-space points, and 270 q-space points respectively. (D), (E) show the

corresponding residual with respect to qModeL reconstruction (amplified 4 times). The RMSE and SSIM

computed with respect to qModeL at R=3 (shown in figure S2(C)) is noted for each case. Note that in this

case, the residual displays a combined effect of the difference noted in figure S12 between the two recon-
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structions, and the effect of under-sampling.

Fig S14: Comparison of reconstructions at R=12 from dataset 1. SMS MUSE individual reconstruction

(left), SMS MUSSELS individual reconstruction accounting for partial Fourier (middle) and qModeL joint

reconstruction (right) are shown. The improvement in reconstruction arising from the joint recovery of the

20 q-space points are obvious from the qModeL reconstruction results.
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